There exists a one-to-one correspondence between solutions y(x) of (1.1) and pairs of constants (ax, a^) such that y = ax sin 6(x) + a2 cos B(x) + o(l),
(1.6) 6(x) = x + 2 e2j f h*i(s)ds.
For related (less precise) results, see references in [3] to J. G. van der Corput.
Using a device from Hartman OT-0
From the Priifer transformation
and (1.7), we get
Following a device of Hartman [2] , the last relation will also be used in the form In (2.5), (2.7) and below, c will always denote a constant not necessarily the same one. The analogue of (2.6) will be used repeatedly We shall only need the cases 7=5 = 0 and 7 = 6 = 7r/2 for the asymptotic behavior of (p(x), and the cases 7=7r/2, 5 = 0 and 7 = 0, 5 = 7r/2 for r(x).
Proof. Let I denote the integral on the left of (2.9). Replace ds in I by its value in (2.4) and integrate the resulting first term by parts The formula (2.7) can be written in the form (2.12) for v = l. We assume (2.12) for some given v, lgj'ga.
Then the assumption (1.9) makes Lemma 2.1 applicable to each term in the last two sums of (2.12), with7 = 5=7r/2 in the last sum and 7 = 5 = 0 in the next to last and c\c\ sin(c? -c2)5^0. Thus, for a solution y(x)^0, cl>0 in r(x) =cx +o(l), and linearly independent solutions yi, yi belong to pairs (c\, c{), (c°2, c\) with c\t^c\ (mod ir). This completes the proof of Theorem 1.2.
